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Abstract

We study model reusability evaluation (MRE) for source pre-trained models: eval-
uating their transfer learning performance to new target tasks. In special, we focus
on the setting under which the target training datasets are small, making it diffi-
cult to produce reliable MRE scores using them. Under this situation, we propose
synergistic learning for building the task-model metric, which can be realized by
collecting a set of pre-trained models and asking a group of data providers to par-
ticipate. We provide theoretical guarantees to show that the learned task-model
metric distances can serve as trustworthy MRE scores, and propose synergistic
learning algorithms and models for general learning tasks. Experiments show that
the MRE models learned by synergistic learning can generate significantly more
reliable MRE scores than existing approaches for small-data transfer learning.

1 Introduction

Reusing pre-trained models have played essential roles in modern learning pipelines for decreasing
training cost, alleviating the requirement of big datasets, and reducing the danger of catastrophic
forgetting. The growing number of pre-trained models promotes the birth of large pre-trained model
zoos, making it closer towards the future learnware market [Zhou and Tan, 2022]. When selecting a
model from these model zoos for doing model transfer, one has to do model reusability evaluation
(MRE) first: evaluating the transfer learning performance of the models to the target task and iden-
tifying the best model. The role of MRE is crucial since no matter how good the transfer learning
strategy is, incorrect MRE would still lead to the danger of negative transfer. MRE has received
growing attention in recent years [Achille et al., 2019, Tran et al., 2019, Nguyen et al., 2020, Wu
et al., 2020, Ding and Zhou, 2020, You et al., 2021]. But most existing studies focus on large-data
MRE, under which the target dataset is sufficiently large.

In this work, we focus on small-data MRE, under which the target training datasets are small.
Reusing pre-trained models is essential under the small-data scenario since learning from scratch
is difficult. Unfortunately, large-data MRE approaches are usually invalid for small data since they
usually focus more on simplicity and efficiency, but not generalization and robustness, which are
essential for small-data MRE. It is indeed challenging to obtain reliable MRE results under the
small-data scenario due to the fundamental burden set by the laws of statistics.
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Figure 1: The illustration of the proposed approach. The left figure illustrates the overall procedure,
in which the left part illustrates the synergistic learning stage and the right part illustrate the testing
MRE stage. The right figure illustrates Algorithm 1. The arrows started from the data providers
denote the queries, in which the solid purple ones are SQUERY and the dashed orange one is MQUERY.

Our solution is based on two observations. First, model reusability usually depends on the task-
model relationship other than the task-independent property of any specific small sample. We could
grasp this relationship by meta-learning an MRE function among tasks and models. Second, this
learning process is often realizable in practice, in special for large model zoo platforms where suffi-
cient pre-trained models and data providers are available. Based on these observations, we conduct
the following studies in this paper:
Problem formuation. We provide the formulation of small-data MRE and synergistic learning to
learn the MRE function by metric learning. Synergisitc learning works for general learning scenar-
ios beyond classification, on which most previous MRE approaches focus.
Theoretical analysis. We propose access risk analysis showing that the MRE model learned by syn-
ergistic learning guarantees to generate reliable MRE scores. The theory not only provides guarantee
even for using non-convex deep networks as the MRE model, but also motivates feature pre-training
in synergistic learning.
Algorithm and model design. We propose synergistic learning algorithms and MRE model struc-
tures for general learning tasks, which have the auxiliary advantage of protecting data privacy. Mean-
while, we propose a more elaborate MRE model strucuture for classification.
Experimental verification. Experimental results show that synergistic learning can generate signif-
icantly more reliable MRE scores for small-data transfer learning than existing MRE approaches.

2 Problem Setup

In this section, we provide the formal definition of small-data MRE and synergistic learning.

2.1 Small-Data MRE

Denote by Z = X × Y the observation space, in which X ,Y are the input and output spaces
respectively. A target learning task µ can be represented by a probability measure1 µ(x, y) over
some Zµ ⊆ Z . Furthermore, we assume that all µ are drawn from the task environment T , a
probability measure over the space of all target tasks.

In small-data MRE, target tasks µ are drawn from T . For each µ, the objective is to learn a prediction
rule fµ such that for any observation (x, y) ∼ µ, fµ(x) is close to y. The learner of µ will be given
a target training dataset Sµ, a set of pre-trained models H , a model transfer strategy π and an MRE
function vπ . Sµ = {zk = (xk, yk)}Kk=1 is a sample drawn from µ such that the sample size K
is a small number. H is the pre-trained model set in which each model h ∈ H is drawn from
the model environment M, a probability measure over the space of all pre-trained models. We
assume that the models in H are sampled independently from µ while different H can be given
for different µ. π(Sµ, h) is a transfer learning strategy which can be used to transfer a pre-trained
model h into fµ using Sµ. We do not restrict the choice of π, but assume that π is fixed for any
target task. The MRE function vπ(Sµ, h) is a real-valued function taking Sµ and h as the inputs

1We will use µ to denote both a task and its probability measure below when there is no ambiguity.
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and outputing the transferability score. Below we use v instead of vπ to simplify notations. Without
loss of generality, among all possible v, we define v∗ as the optimal MRE function such that for any
µ, Sµ, h1, h2, v∗(Sµ, h1) < v∗(Sµ, h2) if and only if h1 has better transfer learning performance
with Sµ than h2. Thus we assume that the MRE score is monotonically decreasing w.r.t. transfer
performance. If no special properties exist for v∗, estimating v∗ would be extremely difficult for
small-data MRE. Fortunately, in general, we could assume that model reusability usually depends
on the task-model relationship other than the task-independent property of any specific small sample,
as discussed in Section 1. Therefore, we assume that the ground-truth model transferability depends
only on the target task µ but does not depend on the random draw of Sµ from µ, i.e. ∀Sµ, S′

µ ∼
µ, v∗(Sµ) = v∗(S′

µ). Thus we can use the notation v∗(µ, h) instead of v∗(Sµ, h) for any Sµ, h.
How this assumption can be relaxed is discussed in Section 7.

2.2 Synergistic Learning

Synergistic learning is the preparation stage for learning an MRE function v̂ that accurately approxi-
mate v∗ before any MRE problem defined in Section 2.1 starts. A synergistic learning process works
with the following three prerequisites:

• A set of pre-trained models HSynLearn = {hk}Nm
k=1 drawn from M are given. Note that the

models in this set could be different from models given in any future MRE problems;

• A set of data providers D = {Zd}Dd=1 participate in learning, such that each data provider
represents an observation subspace Zd ⊆ Z . Furthermore, ∪Zd = Z . We define the
closure of any task µ ∼ T as Z̄µ = minL{Zd1 ,Zd2 , . . .ZdL} s.t. Zµ ⊆ ∪Ll=1Zdl .

• A validation MRE function vvalid is provided for synergistic learning. vvalid is unbiased
between any task and model2: ∀µ, h, vvalid(µ, h) = ESµ∼µ[vvalid(Sµ, h)] = v∗(µ, h).

The basic idea of synergistic learning is to establish a metric v̂(Sµ, h) between the target training
datasets and the models so that the metric distance could be used as the MRE score. In Section 4,
we will show that learning v̂ only requires the data providers to answer two kinds of queries:

• SQUERY(ψs,Zd, µ,M): a single data provider Zd is queried to sample M observations
from a given probability measure µ over Zd, and return the output of ψs({zi}Mi=1), a func-
tion of the observations.

• MQUERY(ψm, {Zdi}
Q
i=1, {µi}Qi=1, {Mi}Qi=1): multiple data providers {Zdi}

Q
i=1 are queried

jointly. Each data provider Zdi sample Mi observations from a given probability measure
µi over Zdi . Aggregating the sampled observations from all data providers, the output
of ψm({z1,j}M1

j=1, {z2,j}
M2
j=1, . . . , {zQ,j}

MQ

j=1), a function of all observations, is returned.
Furthermore, ψm cannot be realized by aggregating multiple SQUERY.

The main difference between these two queries lies in the scope of involved data providers, which is
important when the data privacy is sensitive. SQUERY is answered by a single data provider. How this
kind of queries can be answered in privacy-guaranteed ways has received many studies [Zinkevich
et al., 2010, Konečný et al., 2016]. In contrast, MQUERY needs to be answered by multiple data
providers jointly. Protecting data privacy is much harder in this situation since their data need to be
aggregated. Therefore, we set an auxiliary target of reducing the number of times to use MQUERY.

Finally, for learning v̂, we assume that v̂ is formed by three parts: (1) gµ(Sµ), the task feature
backbone; (2) gh(h), the combination of the model specification generator3 and the model feature
backbone; (3) dθ(cµ, ch), the metric module, in which cµ is the output of gµ(Sµ), ch is the output of
gh(h), and θ is the learnable parameter of dθ(cµ, ch). gµ and gh transfer target training dataset Sµ

and pre-trained model h into their representations cµ and ch. The metric module then calculates the
metric distance between cµ and ch as the MRE score. The details are introduced in Section 4.2.

2Even though vvalid is unbiased, it may have high variance when Sµ is small. Thus vvalid can not be used
directly for small-data MRE.

3Please refer to Section 7 for details about model specifications.
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3 Theoretical Analysis

In this section, we discuss the theoretical foundation of synergistic learning. Readers who are inter-
ested more on algorithmic ideas can skip this section without affecting understanding significantly.
In the analysis, we assume that gµ and gh are fixed and focus on learning the metric module. Thus
the learnable parameter for v̂ is θ.

For metric-based synergistic learning, we assume that Nm pre-trained models {hk}Nm
k=1 sam-

pled from M, Nt tasks {µi}Nt
i=1 sampled from T and NS target training datasets {Sµi,j}

NS
j=1

sampled from each task µi are used for training. We also assume that for any pair of hi

and Sµj ,k, the ground-truth MRE score v∗(µi, hk) are given. Define rv∗(Sµ, Sµ′ , h, h′; v̂) as
I[∆v∗(µ, µ′, h, h′) < 0]I[∆v̂(Sµ, Sµ′ , h, h′) ≥ 0] in which ∆v∗(µ, µ′, h, h′) = v∗(µ, h) −
v∗(µ′, h′), ∆v̂(Sµ, Sµ′ , h, h′) = v̂(Sµ, h) − v̂(Sµ′ , h′), and I is the indicator function. Since v∗

is the ground-truth MRE function, a desirable v̂ should minimize

R(v̂) = E
[
rv∗(Sµ, Sµ′ , h, h′; v̂)

]
,

where the expectation is taken over Sµ ∼ µ, Sµ′ ∼ µ′, µ, µ′ ∼ T , h, h′ ∼ M. While for the
convenience of optimization and analysis, we define our objective using the triplet surrogate loss.
Define rγv∗(Sµ, Sµ′ , h, h′; v̂) as I[∆v∗(µ, µ′, h, h′) < 0][∆v̂(Sµ, Sµ′ , h, h′) + γ]+ in which [x]+ =
max{x, 0} and γ > 0. When γ > 1, rγv∗ upper bounds rv∗ . Meanwhile, rγv∗ is consistent with rv∗

since rγv∗(Sµ, Sµ′ , h, h′; v̂) = 0 indicates that rv∗(Sµ, Sµ′ , h, h′; v̂) = 0. Therefore, we define our
goal as minimizing the following expected risk

Rγ(v̂) = E
[
rγv∗(Sµ, Sµ′ , h, h′; v̂)

]
. (1)

A possible way to achieve this goal is to minimize the following empirical risk

R̂γ(v̂) =
1

(NtNSNm)2

∑[
rγv∗(Sµ, Sµ′ , hk, hk′ ; v̂)

]
(2)

where the summation is taken over all models, tasks and datasets used for training. We want to know
whether minimizing the empirical risk R̂γ(v̂) indeed leads to the minimization of the expected risk
Rγ(v̂). Denote by Θ the parameter space for θ and use v̂θ to denote the v̂ with learnable parameter
θ. We provide an access risk bound showing the effectiveness of minimizing the above empirical
risk. Use Ḡθ(Sµ, Sµ′ , h, h′) to denote [∆v̂θ (Sµ, Sµ′ , h, h′) + γ]+. Additionally, we assume that
∇[Ḡθ(Sµ, Sµ′ , h, h′)] = 0 when Ḡθ(Sµ, Sµ′ , h, h′) = 0. Furthermore, let

∇[R̂(Ḡθ)] =
1

(NtNSNm)2

∑
‖∇−[Sµ, Sµ′ , h, h′]‖,

in which the summation is taken over all tasks, datasets and models used for training and we
have ∇−[Sµ, Sµ′ , h, h′] = I[∆v∗(µ, µ′, h, h′) < 0]∇[Ḡθ(Sµ, Sµ′ , h, h′)]. Meanwhile, we denote
V = maxi∈[Nt] ESµi∼µi [c

2(Sµi)]. Now we are ready to state the following theorem whose proof is
provided in the appendix (Section A).
Theorem 3.1. Under Assumption A.1, there exist optimal parameter θ∗ ∈ Θ and constant β > 0,
∀θ ∈ Θ, the following event

Rγ(v̂θ)−Rγ(v̂θ∗) ≤ β
[
∇[R̂(Ḡθ)] +∆(Nt, Nm, NS)

]

holds with high probability, in which ∆(Nt, Nm, NS) = Õ(1/
√
Nt, 1/

√
Nm, V/

√
NS , 1/NS).

Theorem 3.1 shows several interesting insights. First, ∇[R̂(Ḡθ)] is the gradient norm of the metric
distance gaps from the training data. The bound shows that the access risk will be small when
the gradient norm tends to zero, even when the global minimum of the empirical risk has not been
reached. This makes the bound informative when non-convex models, such as DNNs, are used.
Second, the bound has the normal O(1/

√
Nt), O(1/

√
Nm) sample complexity dependence for both

tasks and models. This is in agreement with our intuition such that lacking any of the tasks and
models would lead to the failure of learning. Finally, the most interesting take-away is the sample
complexity for target datasets in each task, which has a dependence of the feature variance V . If V
is small, the order becomes O(1/NS) instead of O(1/

√
NS), a significant drop for the number of

the training datasets. In Section 4, we show that this result inspires us to include feature variance
reduction in the synergistic learning process, which would significantly reduce using MQUERY.
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Algorithm 1 Synergistic Learning
1: Given: model set HSynLearn, data providers D.
2: if Feature Pre-Training then
3: repeat
4: Ldecom(Zd)← SQUERY(Zd), d = 1, . . . , D; UPDATE(gµ;

∑D
d=1 Ldecom(Zd));

5: until reach end.
6: end if
7: repeat
8: Task & Model Sampling: µ1, µ2 . . . , µt ∼ T , h1, h2 . . . , hm ∼M;
9: Reusability Validation: g(µi,Zd, hk)← SQUERY(Zd),

v∗(µi, hk)← COMBINE[{ψ(µi,Zd, hk)}
|Z̄µi |
d=1 ], i ∈ [t], k ∈ [m], d ∈ [Z̄µi ];

10: Target Dataset Generation: Sµi ← MQUERY(Z̄µi), i = 1, . . . , t;
11: UPDATE(v̂; {Sµi}ti=1, {hk}mk=1, {v∗(µi, hk)}t,mi,k=1) to minimize Equation 2;
12: until reach end.

4 Learning Method

In this section, we introduce the synergistic learning algorithm and the MRE model.

4.1 Synergistic Learning Algorithm

The realization of synergistic learning is illustrated in Algorithm 1. In this section, besides the metric
learning step of minimizing Equation 2 (Line 11), we discuss other crucial steps below in general.
We consider two general synergistic learning settings. One is named isolated closure setting, which
indicates that any task closure includes a single data provider. Otherwise, we name it grouped
closure setting, which indicates that there exist multi-data-provider task closures.

Task and model sampling (Line 8). To generate the training data for synergistic learning, tasks
and models are needed be sampled. At this stage, no interaction to the data providers is needed.

Reusability validation (Line 9). The objective for reusability validation is to acquire value of v∗
between any pairs of task and model that are sampled. In general, this can be done by sending
models to the data providers and estimate v∗ using vvalid. Under the isolated closure setting, only
SQUERY is needed obviously. We could ask the data providers to use sufficiently large data, making
vvalid an accurate estimator. But the key challenge appears under the grouped closure setting since
the statistics used for calculating vvalid should be obtained from multiple providers at the same
time. To achieve this by SQUERY, we require vvalid to have a special structure. Specifically, for
task µ, let Sµ(Zd) be a sample generated from the marginal distribution of µ over Zd, a member of
its task closure. We require vvalid(µ, h) = COMBINE[{ψ(µ,Zd, h)}

|Z̄µ|
d=1 ], in which ψ(µ,Zd, h) =

ESµ(Zd)∼µ(Zd)[ψ(Sµ(Zd), h)]. In this construction, ψ(Sµ(Zd), h) is a function over single data
providers and COMBINE is an aggregation function decided by specific MRE function, thus only
SQUERY is needed for calculation.

Target dataset generation (Line 10). For isolated closure setting, this step can be done by sampling
from a data provider using SQUERY. However, for grouped closure setting, MQUERY is necessary for
this step since the target datasets must include the raw data. This issue can be relieved by the insight
brought from Theorem 3.1: For each task, the number of the target data needed is closely related to
the data variance. A feature pre-training stage can be introduced to reduce using MQUERY.

Feature pre-training (Line 2-6). Feature pre-training is the preparation stage for synergistic learn-
ing. It is participated by all data providers, aiming at learning a feature extractor gµ which could
output low-variance features for the raw data. Once gµ is learned, it would be integrated into the
MRE model. As a result, in synergstic learning, the data providers only need to use much fewer
data for answering MQUERY. On the other hand, the feature pre-training stage itself should be done
by using only SQUERY. We argue that this can be realized by using learning objectives which are de-
composable w.r.t. the data providers. More specifically, a decomposable objective is the summation
of individual objectives, such that each individual objective Ld

decom only takes the data from a single
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<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦Instance-Wise
Averaging

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦
Cosine Distance

<latexit sha1_base64="ZRfkIX7JiyChM8tzc2EfU2Cp4yk=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKqMeiF49V7Ae0oWy2m3bpZhN2J0IJ/QdePCji1X/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilh17WL1fcqjsHWSVeTiqQo9Evf/UGMUsjrpBJakzXcxP0M6pRMMmnpV5qeELZmA5511JFI278bH7plJxZZUDCWNtSSObq74mMRsZMosB2RhRHZtmbif953RTDaz8TKkmRK7ZYFKaSYExmb5OB0JyhnFhCmRb2VsJGVFOGNpySDcFbfnmVtGpV77Jau7+o1G/yOIpwAqdwDh5cQR3uoAFNYBDCM7zCmzN2Xpx352PRWnDymWP4A+fzB53OjWw=</latexit>

{
<latexit sha1_base64="2E1sbmrmlnlk8QemZSnyJlBY0Os=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKqMeiF49V7Ae0oWy2m3bpZhN2J0IJ/QdePCji1X/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilh960X664VXcOskq8nFQgR6Nf/uoNYpZGXCGT1Jiu5yboZ1SjYJJPS73U8ISyMR3yrqWKRtz42fzSKTmzyoCEsbalkMzV3xMZjYyZRIHtjCiOzLI3E//zuimG134mVJIiV2yxKEwlwZjM3iYDoTlDObGEMi3srYSNqKYMbTglG4K3/PIqadWq3mW1dn9Rqd/kcRThBE7hHDy4gjrcQQOawCCEZ3iFN2fsvDjvzseiteDkM8fwB87nD6DWjW4=</latexit>

}
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Task Transform
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<latexit sha1_base64="914mbaBVK1nJMG3n4/53ZdbCArw=">AAAB/nicbVA9SwNBEJ2LXzF+RS1tFoNgFe6CqGXQxjKC+YDkCHubvWTJ7t6xuyeGI+BvsNXaTmz9K5b+EzeXK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+Pbmd9+pEqzSD6YSUx9gYeShYxgY6VOLxAIPfW9frniVt0MaJV4OalAjka//NMbRCQRVBrCsdZdz42Nn2JlGOF0WuolmsaYjPGQdi2VWFDtp9m9U3RmlQEKI2VLGpSpfydSLLSeiMB2CmxGetmbif953cSE137KZJwYKsl8UZhwZCI0ex4NmKLE8IklmChmb0VkhBUmxka0sCUQU5uJt5zAKmnVqt5ltXZ/Uanf5OkU4QRO4Rw8uII63EEDmkCAwwu8wpvz7Lw7H87nvLXg5DPHsADn6xe335Xa</latexit>x1
<latexit sha1_base64="YoKudr4dhulz2F4A632RvCQfGuc=">AAAB/nicbVA9SwNBEJ2LXzF+RS1tFoNgFe6CqGXQxjKC+YDkCHubvWTJ7t6xuyeGI+BvsNXaTmz9K5b+EzeXK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+Pbmd9+pEqzSD6YSUx9gYeShYxgY6VOLxAIPfVr/XLFrboZ0CrxclKBHI1++ac3iEgiqDSEY627nhsbP8XKMMLptNRLNI0xGeMh7VoqsaDaT7N7p+jMKgMURsqWNChT/06kWGg9EYHtFNiM9LI3E//zuokJr/2UyTgxVJL5ojDhyERo9jwaMEWJ4RNLMFHM3orICCtMjI1oYUsgpjYTbzmBVdKqVb3Lau3+olK/ydMpwgmcwjl4cAV1uIMGNIEAhxd4hTfn2Xl3PpzPeWvByWeOYQHO1y+5cpXb</latexit>x2

<latexit sha1_base64="9UAObxE6HSV6IyAG9/2EFX4pHgI=">AAAB/nicbVA9SwNBEJ2LXzF+RS1tFoNgFe5iUMugjWUE8wHJEfY2e8mS3b1jd08MR8DfYKu1ndj6Vyz9J26SK0zig4HHezPMzAtizrRx3W8nt7a+sbmV3y7s7O7tHxQPj5o6ShShDRLxSLUDrClnkjYMM5y2Y0WxCDhtBaPbqd96pEqzSD6YcUx9gQeShYxgY6V2NxAIPfUuesWSW3ZnQKvEy0gJMtR7xZ9uPyKJoNIQjrXueG5s/BQrwwink0I30TTGZIQHtGOpxIJqP53dO0FnVumjMFK2pEEz9e9EioXWYxHYToHNUC97U/E/r5OY8NpPmYwTQyWZLwoTjkyEps+jPlOUGD62BBPF7K2IDLHCxNiIFrYEYmIz8ZYTWCXNStm7LFfuq6XaTZZOHk7gFM7BgyuowR3UoQEEOLzAK7w5z8678+F8zltzTjZzDAtwvn4BuwWV3A==</latexit>x3
<latexit sha1_base64="dkUuFp0iztpiY1WbeP8/K4GuiMI=">AAACAHicbVA9SwNBEJ3zM8avqKXNYhCswl0QtQzaWEY0H5g7wt5mL1myu3fs7gnhSONvsNXaTmz9J5b+EzfJFSbxwcDjvRlm5oUJZ9q47rezsrq2vrFZ2Cpu7+zu7ZcODps6ThWhDRLzWLVDrClnkjYMM5y2E0WxCDlthcObid96okqzWD6YUUIDgfuSRYxgY6VHPxQI3Xd9kXZLZbfiToGWiZeTMuSod0s/fi8mqaDSEI617nhuYoIMK8MIp+Oin2qaYDLEfdqxVGJBdZBNLx6jU6v0UBQrW9Kgqfp3IsNC65EIbafAZqAXvYn4n9dJTXQVZEwmqaGSzBZFKUcmRpP3UY8pSgwfWYKJYvZWRAZYYWJsSHNbQjG2mXiLCSyTZrXiXVSqd+fl2nWeTgGO4QTOwINLqMEt1KEBBCS8wCu8Oc/Ou/PhfM5aV5x85gjm4Hz9AnROltY=</latexit>

Sµ

<latexit sha1_base64="PCcfXGKKiQQZnKrVZxgvwmpi/lc=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe6CqGXQxjKC+YDkCHubvWTN7t6xuyeEI/4GW63txNb/Yuk/cXO5wiQ+GHi8N8PMvCDmTBvX/XYKa+sbm1vF7dLO7t7+QfnwqKWjRBHaJBGPVCfAmnImadMww2knVhSLgNN2ML6d+e0nqjSL5IOZxNQXeChZyAg2Vmr1AoHQqF+uuFU3A1olXk4qkKPRL//0BhFJBJWGcKx113Nj46dYGUY4nZZ6iaYxJmM8pF1LJRZU+2l27RSdWWWAwkjZkgZl6t+JFAutJyKwnQKbkV72ZuJ/Xjcx4bWfMhknhkoyXxQmHJkIzV5HA6YoMXxiCSaK2VsRGWGFibEBLWwJxNRm4i0nsEpatap3Wa3dX1TqN3k6RTiBUzgHD66gDnfQgCYQeIQXeIU359l5dz6cz3lrwclnjmEBztcvbc+VJg==</latexit>

h

<latexit sha1_base64="sdiIP0aoq0w/H48dxByr4yehJgA=">AAACAHicbVA9SwNBEJ2LXzF+RS1tFoNgFe6CqGXQxjKC+cDcEfY2e8mS3b1jd08IRxp/g63WdmLrP7H0n7hJrjCJDwYe780wMy9MONPGdb+dwtr6xuZWcbu0s7u3f1A+PGrpOFWENknMY9UJsaacSdo0zHDaSRTFIuS0HY5up377iSrNYvlgxgkNBB5IFjGCjZUe/VAgRHq+SHvlilt1Z0CrxMtJBXI0euUfvx+TVFBpCMdadz03MUGGlWGE00nJTzVNMBnhAe1aKrGgOshmF0/QmVX6KIqVLWnQTP07kWGh9ViEtlNgM9TL3lT8z+umJroOMiaT1FBJ5ouilCMTo+n7qM8UJYaPLcFEMXsrIkOsMDE2pIUtoZjYTLzlBFZJq1b1Lqu1+4tK/SZPpwgncArn4MEV1OEOGtAEAhJe4BXenGfn3flwPuetBSefOYYFOF+/jb6W5g==</latexit>cµ
<latexit sha1_base64="/ohuw1Kg9LOWv2JV87NJNjK8k5s=">AAAB/nicbVBNSwMxEJ31s9avqkcvwSJ4KrtF1GPRi8cK9gPapSRptg1NskuSFcpS8Dd41bM38epf8eg/MW33YFsfDDzem2FmHkkEN9b3v7219Y3Nre3CTnF3b//gsHR03DRxqilr0FjEuk2wYYIr1rDcCtZONMOSCNYio7up33pi2vBYPdpxwkKJB4pHnGLrpHaXSIRob9grlf2KPwNaJUFOypCj3iv9dPsxTSVTlgpsTCfwExtmWFtOBZsUu6lhCaYjPGAdRxWWzITZ7N4JOndKH0WxdqUsmql/JzIsjRlL4joltkOz7E3F/7xOaqObMOMqSS1TdL4oSgWyMZo+j/pcM2rF2BFMNXe3IjrEGlPrIlrYQuTEZRIsJ7BKmtVKcFWpPlyWa7d5OgU4hTO4gACuoQb3UIcGUBDwAq/w5j17796H9zlvXfPymRNYgPf1C+07lfw=</latexit>ch

<latexit sha1_base64="zH/UuDMs25GZrf5AjrHzrEJw4So=">AAACA3icbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7hNnJbDJkZnadmRXCktJvsNXaTmz9EEv/xEmyhUk8cOFwzr2cywkTzrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ThWhTRLzWHVCrClnkjYNM5x2EkWxCDlth6Pbqd9+okqzWD6YcUIDgQeSRYxgY6XADwVCfjJkPV+kvXLFrbozoFXi5aQCORq98o/fj0kqqDSEY627npuYIMPKMMLppOSnmiaYjPCAdi2VWFAdZLOnJ+jMKn0UxcqONGim/r3IsNB6LEK7KbAZ6mVvKv7ndVMTXQcZk0lqqCTzoCjlyMRo2gDqM0WJ4WNLMFHM/orIECtMjO1pISUUE9uJt9zAKmnVqt5ltXZ/Uanf5O0U4QRO4Rw8uII63EEDmkDgEV7gFd6cZ+fd+XA+56sFJ785hgU4X7/2xJg+</latexit>

�µ
<latexit sha1_base64="br3ARnuG3aQ8zvjYOS9EEhVB02U=">AAACAXicbVA9SwNBEJ3zM8avqKXNYhCswl0QtQzaWEYwH5A7wt5mL7dkd+/Y3RPCkcrfYKu1ndj6Syz9J26SK0zig4HHezPMzAtTzrRx3W9nbX1jc2u7tFPe3ds/OKwcHbd1kilCWyThieqGWFPOJG0ZZjjtpopiEXLaCUd3U7/zRJVmiXw045QGAg8lixjBxko9PxQI+WnM+nG/UnVr7gxolXgFqUKBZr/y4w8SkgkqDeFY657npibIsTKMcDop+5mmKSYjPKQ9SyUWVAf57OQJOrfKAEWJsiUNmql/J3IstB6L0HYKbGK97E3F/7xeZqKbIGcyzQyVZL4oyjgyCZr+jwZMUWL42BJMFLO3IhJjhYmxKS1sCcXEZuItJ7BK2vWad1WrP1xWG7dFOiU4hTO4AA+uoQH30IQWEEjgBV7hzXl23p0P53PeuuYUMyewAOfrF1PQl1Q=</latexit>

�h

CNN

(a) Basic Model

Set-to-Set Function

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦

FC FC FC
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<latexit sha1_base64="ujKa9FWNqOnksx6ZjTUM1RIavl4=">AAACAnicbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7htnJbDJkZnaZmRXCks5vsNXaTmz9EUv/xEmyhUk8cOFwzr2cywkTzrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ThWhTRLzWHVCrClnkjYNM5x2EkWxCDlth6Pbqd9+okqzWD6YcUIDgQeSRYxgYyXfDwVC5NHr+SLtlStu1Z0BrRIvJxXI0eiVf/x+TFJBpSEca9313MQEGVaGEU4nJT/VNMFkhAe0a6nEguogm/08QWdW6aMoVnakQTP170WGhdZjEdpNgc1QL3tT8T+vm5roOsiYTFJDJZkHRSlHJkbTAlCfKUoMH1uCiWL2V0SGWGFibE0LKaGY2E685QZWSatW9S6rtfuLSv0mb6cIJ3AK5+DBFdThDhrQBAIJvMArvDnPzrvz4XzOVwtOfnMMC3C+fgG/LJeJ</latexit>

c1µ
<latexit sha1_base64="YYwZovVnNpKZK1wD++O/17FuCFc=">AAACAnicbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7htnJbDJkZnaZmRXCks5vsNXaTmz9EUv/xEmyhUk8cOFwzr2cywkTzrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ThWhTRLzWHVCrClnkjYNM5x2EkWxCDlth6Pbqd9+okqzWD6YcUIDgQeSRYxgYyXfDwVC5LHW80XaK1fcqjsDWiVeTiqQo9Er//j9mKSCSkM41rrruYkJMqwMI5xOSn6qaYLJCA9o11KJBdVBNvt5gs6s0kdRrOxIg2bq34sMC63HIrSbApuhXvam4n9eNzXRdZAxmaSGSjIPilKOTIymBaA+U5QYPrYEE8Xsr4gMscLE2JoWUkIxsZ14yw2sklat6l1Wa/cXlfpN3k4RTuAUzsGDK6jDHTSgCQQSeIFXeHOenXfnw/mcrxac/OYYFuB8/QLAw5eK</latexit>

c2µ
<latexit sha1_base64="yiXKjqAFRs2S7zWtrOhoBWTVOso=">AAACAnicbVC7SgNBFL3rM8ZX1NJmMAhWYTeKWgZtLCOYB2TXMDuZTYbMzC4zs0JY0vkNtlrbia0/YumfOEm2MIkHLhzOuZdzOWHCmTau++2srK6tb2wWtorbO7t7+6WDw6aOU0Vog8Q8Vu0Qa8qZpA3DDKftRFEsQk5b4fB24reeqNIslg9mlNBA4L5kESPYWMn3Q4EQeTzv+iLtlspuxZ0CLRMvJ2XIUe+WfvxeTFJBpSEca93x3MQEGVaGEU7HRT/VNMFkiPu0Y6nEguogm/48RqdW6aEoVnakQVP170WGhdYjEdpNgc1AL3oT8T+vk5roOsiYTFJDJZkFRSlHJkaTAlCPKUoMH1mCiWL2V0QGWGFibE1zKaEY2068xQaWSbNa8S4r1fuLcu0mb6cAx3ACZ+DBFdTgDurQAAIJvMArvDnPzrvz4XzOVlec/OYI5uB8/QLCWpeL</latexit>

c3µ

<latexit sha1_base64="teXhTFxOkT5OGIo4EKNk26KryAk=">AAACBHicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2Q3YXYymwyZmV1mZoWwpPUbbLW2E1v/w9I/cZJsYRIPXDiccy/ncsKEM21c99tZW9/Y3Nou7BR39/YPDktHx00dp4rQBol5rNoh1pQzSRuGGU7biaJYhJy2wtHd1G89UaVZLB/NOKGBwAPJIkawsVLXDwXykyHrej1fpL1S2a24M6BV4uWkDDnqvdKP349JKqg0hGOtO56bmCDDyjDC6aTop5ommIzwgHYslVhQHWSzryfo3Cp9FMXKjjRopv69yLDQeixCuymwGeplbyr+53VSE90EGZNJaqgk86Ao5cjEaFoB6jNFieFjSzBRzP6KyBArTIwtaiElFBPbibfcwCppViveVaX6cFmu3ebtFOAUzuACPLiGGtxDHRpAQMELvMKb8+y8Ox/O53x1zclvTmABztcv0LqYtw==</latexit>

�1
µ

<latexit sha1_base64="SxUHZbWbJ/g0IxXjLvAmINyfPD8=">AAACBHicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2Q3YXYymwyZmV1mZoWwpPUbbLW2E1v/w9I/cZJsYRIPXDiccy/ncsKEM21c99tZW9/Y3Nou7BR39/YPDktHx00dp4rQBol5rNoh1pQzSRuGGU7biaJYhJy2wtHd1G89UaVZLB/NOKGBwAPJIkawsVLXDwXykyHrVnu+SHulsltxZ0CrxMtJGXLUe6Ufvx+TVFBpCMdadzw3MUGGlWGE00nRTzVNMBnhAe1YKrGgOshmX0/QuVX6KIqVHWnQTP17kWGh9ViEdlNgM9TL3lT8z+ukJroJMiaT1FBJ5kFRypGJ0bQC1GeKEsPHlmCimP0VkSFWmBhb1EJKKCa2E2+5gVXSrFa8q0r14bJcu83bKcApnMEFeHANNbiHOjSAgIIXeIU359l5dz6cz/nqmpPfnMACnK9f0lGYuA==</latexit>

�2
µ

<latexit sha1_base64="zGOfjtv/L0EJGCQ2D4zq93cv608=">AAACBHicbVC7SgNBFL0bXzG+opY2g0GwCrtR1DJoYxnBPCC7CbOTSTJkZnaZmRXCktZvsNXaTmz9D0v/xEmyhUk8cOFwzr2cywljzrRx3W8nt7a+sbmV3y7s7O7tHxQPjxo6ShShdRLxSLVCrClnktYNM5y2YkWxCDlthqO7qd98okqzSD6acUwDgQeS9RnBxkodPxTIj4esc9H1RdItltyyOwNaJV5GSpCh1i3++L2IJIJKQzjWuu25sQlSrAwjnE4KfqJpjMkID2jbUokF1UE6+3qCzqzSQ/1I2ZEGzdS/FykWWo9FaDcFNkO97E3F/7x2Yvo3QcpknBgqyTyon3BkIjStAPWYosTwsSWYKGZ/RWSIFSbGFrWQEoqJ7cRbbmCVNCpl76pcebgsVW+zdvJwAqdwDh5cQxXuoQZ1IKDgBV7hzXl23p0P53O+mnOym2NYgPP1C9PomLk=</latexit>

�3
µ

<latexit sha1_base64="qZ7YeiSSz5Xu8WRml4k0xssRNTE=">AAACAnicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2SXMDuZJENmZoeZWSEs6fwGW63txNYfsfRPnCRbmMQDFw7n3Mu5nFhxZqzvf3tr6xubW9uFneLu3v7BYenouGmSVBPaIAlPdDvGhnImacMyy2lbaYpFzGkrHt1N/dYT1YYl8tGOFY0EHkjWZwRbJ4VhLFCohqwbirRbKvsVfwa0SoKclCFHvVv6CXsJSQWVlnBsTCfwlY0yrC0jnE6KYWqowmSEB7TjqMSCmiib/TxB507poX6i3UiLZurfiwwLY8YidpsC26FZ9qbif14ntf2bKGNSpZZKMg/qpxzZBE0LQD2mKbF87AgmmrlfERlijYl1NS2kxGLiOgmWG1glzWoluKpUHy7Ltdu8nQKcwhlcQADXUIN7qEMDCCh4gVd48569d+/D+5yvrnn5zQkswPv6BZ0QmBQ=</latexit>

�µ

(b) Task TM

Model Ensembler

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦

FC FC FC

FC

<latexit sha1_base64="teXhTFxOkT5OGIo4EKNk26KryAk=">AAACBHicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2Q3YXYymwyZmV1mZoWwpPUbbLW2E1v/w9I/cZJsYRIPXDiccy/ncsKEM21c99tZW9/Y3Nou7BR39/YPDktHx00dp4rQBol5rNoh1pQzSRuGGU7biaJYhJy2wtHd1G89UaVZLB/NOKGBwAPJIkawsVLXDwXykyHrej1fpL1S2a24M6BV4uWkDDnqvdKP349JKqg0hGOtO56bmCDDyjDC6aTop5ommIzwgHYslVhQHWSzryfo3Cp9FMXKjjRopv69yLDQeixCuymwGeplbyr+53VSE90EGZNJaqgk86Ao5cjEaFoB6jNFieFjSzBRzP6KyBArTIwtaiElFBPbibfcwCppViveVaX6cFmu3ebtFOAUzuACPLiGGtxDHRpAQMELvMKb8+y8Ox/O53x1zclvTmABztcv0LqYtw==</latexit>

�1
µ

<latexit sha1_base64="SxUHZbWbJ/g0IxXjLvAmINyfPD8=">AAACBHicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2Q3YXYymwyZmV1mZoWwpPUbbLW2E1v/w9I/cZJsYRIPXDiccy/ncsKEM21c99tZW9/Y3Nou7BR39/YPDktHx00dp4rQBol5rNoh1pQzSRuGGU7biaJYhJy2wtHd1G89UaVZLB/NOKGBwAPJIkawsVLXDwXykyHrVnu+SHulsltxZ0CrxMtJGXLUe6Ufvx+TVFBpCMdadzw3MUGGlWGE00nRTzVNMBnhAe1YKrGgOshmX0/QuVX6KIqVHWnQTP17kWGh9ViEdlNgM9TL3lT8z+ukJroJMiaT1FBJ5kFRypGJ0bQC1GeKEsPHlmCimP0VkSFWmBhb1EJKKCa2E2+5gVXSrFa8q0r14bJcu83bKcApnMEFeHANNbiHOjSAgIIXeIU359l5dz6cz/nqmpPfnMACnK9f0lGYuA==</latexit>

�2
µ

<latexit sha1_base64="zGOfjtv/L0EJGCQ2D4zq93cv608=">AAACBHicbVC7SgNBFL0bXzG+opY2g0GwCrtR1DJoYxnBPCC7CbOTSTJkZnaZmRXCktZvsNXaTmz9D0v/xEmyhUk8cOFwzr2cywljzrRx3W8nt7a+sbmV3y7s7O7tHxQPjxo6ShShdRLxSLVCrClnktYNM5y2YkWxCDlthqO7qd98okqzSD6acUwDgQeS9RnBxkodPxTIj4esc9H1RdItltyyOwNaJV5GSpCh1i3++L2IJIJKQzjWuu25sQlSrAwjnE4KfqJpjMkID2jbUokF1UE6+3qCzqzSQ/1I2ZEGzdS/FykWWo9FaDcFNkO97E3F/7x2Yvo3QcpknBgqyTyon3BkIjStAPWYosTwsSWYKGZ/RWSIFSbGFrWQEoqJ7cRbbmCVNCpl76pcebgsVW+zdvJwAqdwDh5cQxXuoQZ1IKDgBV7hzXl23p0P53O+mnOym2NYgPP1C9PomLk=</latexit>

�3
µ

Instance-Wise
Averaging

<latexit sha1_base64="AZiz2Kn5OsPHBby18Y8DTVrr4XE=">AAACAnicbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7htnJbHbIzO4wMyuEkM5vsNXaTmz9EUv/xEmyhUk8cOFwzr2cywklZ9q47rdTWFvf2Nwqbpd2dvf2D8qHRy2dZorQJkl5qjoh1pSzhDYNM5x2pKJYhJy2w+Ht1G8/UaVZmjyYkaSBwIOERYxgYyXfDwXyZcwevV7cK1fcqjsDWiVeTiqQo9Er//j9lGSCJoZwrHXXc6UJxlgZRjidlPxMU4nJEA9o19IEC6qD8eznCTqzSh9FqbKTGDRT/16MsdB6JEK7KbCJ9bI3Ff/zupmJroMxS2RmaELmQVHGkUnRtADUZ4oSw0eWYKKY/RWRGCtMjK1pISUUE9uJt9zAKmnVqt5ltXZ/Uanf5O0U4QRO4Rw8uII63EEDmkBAwgu8wpvz7Lw7H87nfLXg5DfHsADn6xcs5JfN</latexit>

�1
h

<latexit sha1_base64="V0ZHSr/QZQDkTAR2fog9CYN3Dns=">AAACAnicbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7htnJbDJkZneYmRXCks5vsNXaTmz9EUv/xEmyhUk8cOFwzr2cywklZ9q47rdTWFvf2Nwqbpd2dvf2D8qHRy2dpIrQJkl4ojoh1pSzmDYNM5x2pKJYhJy2w9Ht1G8/UaVZEj+YsaSBwIOYRYxgYyXfDwXy5ZA91nrDXrniVt0Z0CrxclKBHI1e+cfvJyQVNDaEY627nitNkGFlGOF0UvJTTSUmIzygXUtjLKgOstnPE3RmlT6KEmUnNmim/r3IsNB6LEK7KbAZ6mVvKv7ndVMTXQcZi2VqaEzmQVHKkUnQtADUZ4oSw8eWYKKY/RWRIVaYGFvTQkooJrYTb7mBVdKqVb3Lau3+olK/ydspwgmcwjl4cAV1uIMGNIGAhBd4hTfn2Xl3PpzP+WrByW+OYQHO1y8ueZfO</latexit>

�2
h

<latexit sha1_base64="9bu82m0HEDzBGalN/kMbYolw7Lw=">AAACAnicbVC7SgNBFL3rM8ZX1NJmMAhWYTeKWgZtLCOYB2TXMDuZzQ6Z2R1mZoUQ0vkNtlrbia0/YumfOEm2MIkHLhzOuZdzOaHkTBvX/XZWVtfWNzYLW8Xtnd29/dLBYVOnmSK0QVKeqnaINeUsoQ3DDKdtqSgWIaetcHA78VtPVGmWJg9mKGkgcD9hESPYWMn3Q4F8GbPH827cLZXdijsFWiZeTsqQo94t/fi9lGSCJoZwrHXHc6UJRlgZRjgdF/1MU4nJAPdpx9IEC6qD0fTnMTq1Sg9FqbKTGDRV/16MsNB6KEK7KbCJ9aI3Ef/zOpmJroMRS2RmaEJmQVHGkUnRpADUY4oSw4eWYKKY/RWRGCtMjK1pLiUUY9uJt9jAMmlWK95lpXp/Ua7d5O0U4BhO4Aw8uIIa3EEdGkBAwgu8wpvz7Lw7H87nbHXFyW+OYA7O1y8wDpfP</latexit>

�3
h

<latexit sha1_base64="TA9xXYiUaDngzxaG22H0CBhyuGA=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxInfEoCXRxhIT+TBwkr1lDzbs7l1290zIhcLfYKu1nbH1p1j6T1zgCgFfMsnLezOZmRfEnGnjut9Obm19Y3Mrv13Y2d3bPygeHjV1lChCGyTikWoHWFPOJG0YZjhtx4piEXDaCkY3U7/1RJVmkbw345j6Ag8kCxnBxkoP3UAg8uj1hr1iyS27M6BV4mWkBBnqveJPtx+RRFBpCMdadzw3Nn6KlWGE00mhm2gaYzLCA9qxVGJBtZ/ODp6gM6v0URgpW9Kgmfp3IsVC67EIbKfAZqiXvan4n9dJTHjlp0zGiaGSzBeFCUcmQtPvUZ8pSgwfW4KJYvZWRIZYYWJsRgtbAjGxmXjLCaySZqXsVcuVu4tS7TpLJw8ncArn4MEl1OAW6tAAAgJe4BXenGfn3flwPuetOSebOYYFOF+/xDWWdQ==</latexit>

c1h
<latexit sha1_base64="bh2zYrM39g5IlSdoCjbzt8egf7Q=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxInfEoCXRxhIT+TBwkr1lDzbs7l1290zIhcLfYKu1nbH1p1j6T1zgCgFfMsnLezOZmRfEnGnjut9Obm19Y3Mrv13Y2d3bPygeHjV1lChCGyTikWoHWFPOJG0YZjhtx4piEXDaCkY3U7/1RJVmkbw345j6Ag8kCxnBxkoP3UAg8ljpDXvFklt2Z0CrxMtICTLUe8Wfbj8iiaDSEI617nhubPwUK8MIp5NCN9E0xmSEB7RjqcSCaj+dHTxBZ1bpozBStqRBM/XvRIqF1mMR2E6BzVAve1PxP6+TmPDKT5mME0MlmS8KE45MhKbfoz5TlBg+tgQTxeytiAyxwsTYjBa2BGJiM/GWE1glzUrZq5Yrdxel2nWWTh5O4BTOwYNLqMEt1KEBBAS8wCu8Oc/Ou/PhfM5bc042cwwLcL5+AcXKlnY=</latexit>

c2h
<latexit sha1_base64="pwQdC1uO6Xne9l+aMeoHZDMFgGs=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxIneEqCXRxhIT+TBwkr1lDzbs7l1290zIhcLfYKu1nbH1p1j6T1zgCgFfMsnLezOZmRfEnGnjut9Obm19Y3Mrv13Y2d3bPygeHjV1lChCGyTikWoHWFPOJG0YZjhtx4piEXDaCkY3U7/1RJVmkbw345j6Ag8kCxnBxkoP3UAg8ljtDXvFklt2Z0CrxMtICTLUe8Wfbj8iiaDSEI617nhubPwUK8MIp5NCN9E0xmSEB7RjqcSCaj+dHTxBZ1bpozBStqRBM/XvRIqF1mMR2E6BzVAve1PxP6+TmPDKT5mME0MlmS8KE45MhKbfoz5TlBg+tgQTxeytiAyxwsTYjBa2BGJiM/GWE1glzUrZuyhX7qql2nWWTh5O4BTOwYNLqMEt1KEBBAS8wCu8Oc/Ou/PhfM5bc042cwwLcL5+Acj0lng=</latexit>

c4h
<latexit sha1_base64="xiIDq9U0ai6cMXIPnXE/k1wT4eI=">AAAB/3icbVC7TgJBFL2LL8QXamkzkZhYkV3iqyTaWGIiDwMrmR1mYcLM7GZm1oRsKPwGW63tjK2fYumfOMAWAp7kJifn3Jt77wlizrRx3W8nt7K6tr6R3yxsbe/s7hX3Dxo6ShShdRLxSLUCrClnktYNM5y2YkWxCDhtBsObid98okqzSN6bUUx9gfuShYxgY6WHTiAQeTzvDrrFklt2p0DLxMtICTLUusWfTi8iiaDSEI61bntubPwUK8MIp+NCJ9E0xmSI+7RtqcSCaj+dHjxGJ1bpoTBStqRBU/XvRIqF1iMR2E6BzUAvehPxP6+dmPDKT5mME0MlmS0KE45MhCbfox5TlBg+sgQTxeytiAywwsTYjOa2BGJsM/EWE1gmjUrZuyhX7s5K1essnTwcwTGcggeXUIVbqEEdCAh4gVd4c56dd+fD+Zy15pxs5hDm4Hz9AsqJlnk=</latexit>

c5h
<latexit sha1_base64="H/6+hJGdAdigXnx32BHO8uyreLQ=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxIndo1JJoY4mJfBg4yd6yBxt29y67eybkQuFvsNXaztj6Uyz9Jy5whYAvmeTlvZnMzAtizrRx3W8nt7K6tr6R3yxsbe/s7hX3Dxo6ShShdRLxSLUCrClnktYNM5y2YkWxCDhtBsObid98okqzSN6bUUx9gfuShYxgY6WHTiAQeTzrDrrFklt2p0DLxMtICTLUusWfTi8iiaDSEI61bntubPwUK8MIp+NCJ9E0xmSI+7RtqcSCaj+dHjxGJ1bpoTBStqRBU/XvRIqF1iMR2E6BzUAvehPxP6+dmPDKT5mME0MlmS0KE45MhCbfox5TlBg+sgQTxeytiAywwsTYjOa2BGJsM/EWE1gmjUrZuyhX7s5L1essnTwcwTGcggeXUIVbqEEdCAh4gVd4c56dd+fD+Zy15pxs5hDm4Hz9Asdflnc=</latexit>

c3h

<latexit sha1_base64="QEX+DZNc3g64kUCQR7fJINP/xak=">AAACAHicbVA9SwNBEJ2LXzF+RS1tFoNgFe6CqGXQxjKC+cDcEfY2e8mS3b1jd08IRxp/g63WdmLrP7H0n7hJrjCJDwYe780wMy9MONPGdb+dwtr6xuZWcbu0s7u3f1A+PGrpOFWENknMY9UJsaacSdo0zHDaSRTFIuS0HY5up377iSrNYvlgxgkNBB5IFjGCjZUe/VAgPxmy3rBXrrhVdwa0SrycVCBHo1f+8fsxSQWVhnCsdddzExNkWBlGOJ2U/FTTBJMRHtCupRILqoNsdvEEnVmlj6JY2ZIGzdS/ExkWWo9FaDsFNkO97E3F/7xuaqLrIGMySQ2VZL4oSjkyMZq+j/pMUWL42BJMFLO3IjLEChNjQ1rYEoqJzcRbTmCVtGpV77Jau7+o1G/ydIpwAqdwDh5cQR3uoAFNICDhBV7hzXl23p0P53PeWnDymWNYgPP1C/pRlyo=</latexit>

�h

(c) Model TM

Linear Transform

FC

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦

<latexit sha1_base64="oY5DanX6JpH6ouSdlrHL9WMqe2o=">AAAB7nicbVDLSgNBEOz1GeMr6tHLYBA8hd0g6jHoxWME84BkCbOT2WTI7Mwy0yuEkI/w4kERr36PN//GSbIHTSxoKKq66e6KUiks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVmeG8QbTUpt2RC2XQvEGCpS8nRpOk0jyVjS6m/mtJ26s0OoRxykPEzpQIhaMopNaXY0i4bZXKvsVfw6ySoKclCFHvVf66vY1yxKukElqbSfwUwwn1KBgkk+L3czylLIRHfCOo4q6JeFkfu6UnDulT2JtXCkkc/X3xIQm1o6TyHUmFId22ZuJ/3mdDOObcCJUmiFXbLEoziRBTWa/k74wnKEcO0KZEe5WwobUUIYuoaILIVh+eZU0q5XgqlJ9uCzXbvM4CnAKZ3ABAVxDDe6hDg1gMIJneIU3L/VevHfvY9G65uUzJ/AH3ucPiDWPtA==</latexit>⌦

Scaled
Inner Product

Linear Transform

Weighted Ensemble

<latexit sha1_base64="teXhTFxOkT5OGIo4EKNk26KryAk=">AAACBHicbVC7SgNBFL3rM8ZX1NJmMAhWYTeIWgZtLCOYB2Q3YXYymwyZmV1mZoWwpPUbbLW2E1v/w9I/cZJsYRIPXDiccy/ncsKEM21c99tZW9/Y3Nou7BR39/YPDktHx00dp4rQBol5rNoh1pQzSRuGGU7biaJYhJy2wtHd1G89UaVZLB/NOKGBwAPJIkawsVLXDwXykyHrej1fpL1S2a24M6BV4uWkDDnqvdKP349JKqg0hGOtO56bmCDDyjDC6aTop5ommIzwgHYslVhQHWSzryfo3Cp9FMXKjjRopv69yLDQeixCuymwGeplbyr+53VSE90EGZNJaqgk86Ao5cjEaFoB6jNFieFjSzBRzP6KyBArTIwtaiElFBPbibfcwCppViveVaX6cFmu3ebtFOAUzuACPLiGGtxDHRpAQMELvMKb8+y8Ox/O53x1zclvTmABztcv0LqYtw==</latexit>

�1
µ

<latexit sha1_base64="AZiz2Kn5OsPHBby18Y8DTVrr4XE=">AAACAnicbVC7SgNBFL0bXzG+opY2g0GwCrtB1DJoYxnBPCC7htnJbHbIzO4wMyuEkM5vsNXaTmz9EUv/xEmyhUk8cOFwzr2cywklZ9q47rdTWFvf2Nwqbpd2dvf2D8qHRy2dZorQJkl5qjoh1pSzhDYNM5x2pKJYhJy2w+Ht1G8/UaVZmjyYkaSBwIOERYxgYyXfDwXyZcwevV7cK1fcqjsDWiVeTiqQo9Er//j9lGSCJoZwrHXXc6UJxlgZRjidlPxMU4nJEA9o19IEC6qD8eznCTqzSh9FqbKTGDRT/16MsdB6JEK7KbCJ9bI3Ff/zupmJroMxS2RmaELmQVHGkUnRtADUZ4oSw0eWYKKY/RWRGCtMjK1pISUUE9uJt9zAKmnVqt5ltXZ/Uanf5O0U4QRO4Rw8uII63EEDmkBAwgu8wpvz7Lw7H87nfLXg5DfHsADn6xcs5JfN</latexit>

�1
h

<latexit sha1_base64="TA9xXYiUaDngzxaG22H0CBhyuGA=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxInfEoCXRxhIT+TBwkr1lDzbs7l1290zIhcLfYKu1nbH1p1j6T1zgCgFfMsnLezOZmRfEnGnjut9Obm19Y3Mrv13Y2d3bPygeHjV1lChCGyTikWoHWFPOJG0YZjhtx4piEXDaCkY3U7/1RJVmkbw345j6Ag8kCxnBxkoP3UAg8uj1hr1iyS27M6BV4mWkBBnqveJPtx+RRFBpCMdadzw3Nn6KlWGE00mhm2gaYzLCA9qxVGJBtZ/ODp6gM6v0URgpW9Kgmfp3IsVC67EIbKfAZqiXvan4n9dJTHjlp0zGiaGSzBeFCUcmQtPvUZ8pSgwfW4KJYvZWRIZYYWJsRgtbAjGxmXjLCaySZqXsVcuVu4tS7TpLJw8ncArn4MEl1OAW6tAAAgJe4BXenGfn3flwPuetOSebOYYFOF+/xDWWdQ==</latexit>

c1h
<latexit sha1_base64="bh2zYrM39g5IlSdoCjbzt8egf7Q=">AAAB/3icbVA9TwJBEJ3DL8Qv1NJmIzGxInfEoCXRxhIT+TBwkr1lDzbs7l1290zIhcLfYKu1nbH1p1j6T1zgCgFfMsnLezOZmRfEnGnjut9Obm19Y3Mrv13Y2d3bPygeHjV1lChCGyTikWoHWFPOJG0YZjhtx4piEXDaCkY3U7/1RJVmkbw345j6Ag8kCxnBxkoP3UAg8ljpDXvFklt2Z0CrxMtICTLUe8Wfbj8iiaDSEI617nhubPwUK8MIp5NCN9E0xmSEB7RjqcSCaj+dHTxBZ1bpozBStqRBM/XvRIqF1mMR2E6BzVAve1PxP6+TmPDKT5mME0MlmS8KE45MhKbfoz5TlBg+tgQTxeytiAyxwsTYjBa2BGJiM/GWE1glzUrZq5Yrdxel2nWWTh5O4BTOwYNLqMEt1KEBBAS8wCu8Oc/Ou/PhfM5bc042cwwLcL5+AcXKlnY=</latexit>
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(d) Model Ensembler

Figure 2: The models proposed for synergistic learning. (a) illustrates the basic model. (b) and
(c) illustrate the task and model transform modules (TMs) used in classification. (d) illustrates the
model ensembler. The components within the dashed box of the same color are the same.

data provider Zd as its input. Then the purpose of the queries reduces to calculating each Ld
decom,

which can be done by SQUERY as expected.

Due to space limitation, we provide more details on how to implement the above synergistic learning
steps to different learning scenarios in Section B.

4.2 MRE Model

First, we introduce the basic structure of the MRE model defined in Section 3, which is illustrated
in (a) of Figure 2. In this model, the target data is first processed by the task feature backbone to
generate the feature cµ. Afterwards, a task transform module is responsible to generate the task
representation φµ which aggregates all the information from the target dataset. For isolated closure
setting, the task transform module can be simply an instance-wise averaging operation. In corre-
spondence, before the model feature backbone, a model specification generator is introduced which
can be any function that transforms a model into a vector. The model feature ch is then transformed
into the model representation φh using the model transform module. For isolated closure setting, the
model transform module can usually be omitted, i.e. ch = φh.

For many learning scenarios, using more elaborate MRE model structure is useful, such as classifi-
cation. Below we consider small-data transfer learning for classification with supervised pre-trained
models. A target task µ has LT classes {yl}LT

l=1 to distinguish, in which all the classes belong to the
task class universe YT . Meanwhile, for a pre-trained LM -way classification model h, we denote by
{ŷl′}LM

l′=1 the classes that the models are trained on. We assume that all the model classes belong
to the model class universe YM , which could be different from YT . Similar to [Tran et al., 2019,
Nguyen et al., 2020, You et al., 2021], we assume that any transfer strategy for this scenario, such
as global fine-tuning and head re-training, can be used. While according to our experience, head re-
training, in which the feature backbones of the pre-trained models are frozen and only the prediction
heads are re-trained, is more proper than global fine-tuning for small-data transfer learning.

The overall structure of the MRE model for classification follows the basic model, but the task and
model transform modules have more complex structures. For the task transform module ((b) of
Figure 2), we take care of modeling the relationship among task classes. On one hand, instead of
directly generating the feature representation of the whole task φµ, the module generates the features
{φlµ}

LT
l=1 for all task classes first, and then aggregate them to form φµ. Any set-to-set transform

module, such as Deep Sets [Zaheer et al., 2017] and Transformer [Vaswani et al., 2017, Ye et al.,
2020], can be used. What is essential here is to generate the feature for one task class based on the
context information from all other task classes.

More importantly, we propose an attention-based model transform module. This module is moti-
vated by our observations during studying MRE: there is a close connection between p(yl, ŷl′) and
model reusability for classification, which is also pointed out by recent studies [Tran et al., 2019,
Nguyen et al., 2020]. The module is illustrated in (c) of Figure 2. First, the module takes both the
model and task class features {cl′h}

LM
l′=1, {clµ}

LT
l=1 as its inputs and transform them into the model-

attention-aware task class features {φlh}
LT
l=1. Subsequently, {φlh}

LT
l=1 are aggregated to form the
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model feature φh. The core component of this module is the model ensembler ((d) of Figure 2). For
a pair of model and task classes yl, ŷl′ , the model ensembler calculates the attention weight of yl to
ŷl′ , which is wl,l′ , with the inner-product attention. And then, the model class features are linearly
combined by the attention weights to form φlh which represents the selected model class information
on yl. We require wl,l′ to be closely related to p(yl, ŷl′) to make it represent the correlation between
yl and ŷl′ . Therefore, besides the metric loss defined in Equation 2, we introduce an additional atten-
tion supervision loss to supervise the learning of attention weights. For wl,l′ , we treat it as the output
probability of a binary classifier. The training labels are generated from p(yl, ŷl′). To be specific,
we set the label to be one if p(yl|ŷl′) > γ1, p(ŷl′ |yl) > γ2 and zero otherwise, in which γ1, γ2 are
two thresholds. And then, the attention supervision loss is calculated from the logistic loss. Finally,
the overall training loss is formulated as

Lall = Lmetric + wattLatt, (3)

in which Lmetric is the small-batch version of the metric loss defined in Equation 2, Latt is the
attention supervision loss defined above, and watt is the weight for Latt.

5 Experiments

In the experiments, we first do metric visualization to verify whether synergistic learning can learn
meaningful metric space. Furthermore, we conduct experiments for both in-dataset and cross-dataset
MRE to verify the performance of synergistic learning. All experiments are conducted on servers
with NVIDIA Tesla V100 GPUs. The code4 is implemented with TensorFlow [Abadi et al., 2016]
(Apache 2.0 License). More details of the experimental setups are discussed in Section C and more
experimental results are included in Section D.

5.1 Metric Visualization

We adopt two ten-class datasets MNIST [LeCun et al., 1998] and CIFAR-10 [Krizhevsky, 2009] to
visualize the task-model metric learned by synergistic learning. For each dataset, we randomly gen-
erated 20 five-class pre-trained models, as well as 20 data providers with the same class assignments,
for synergistic learning, and another 20 models for testing. We treat each model as five detectors
for the corresponding classes and try to use synergistic learning to obtain the detector-data metric.
We consider two settings of synergistic learning. The first is learning with full data: all training sets
are used for metric learning and there is no feature pre-training stage. The second is learning with
part data: 10% of the training set for each class is used for metric learning, and there is a feature
pre-training stage involved using the full training set. Figure 3 illustrates the t-SNE [Maaten and
Hinton, 2008] visualizations of the learned metric, which is calculated from the testing models and
instances. We can see that meaningful metric distance spaces are learned for both learning with full
and part data: synergistic learning makes the instances and detectors with the same classes closer.
These results provide preliminary proofs for the effectiveness of synergistic learning.

5.2 In-Dataset MRE

Next, we use the dSprites dataset [Matthey et al., 2017] for testing in-dataset MRE. dSprites consists
of images generated from six latent factors. We select three factors, shape, scale, orientation, to
form the task domains. Another two real-valued factors, position X and Y, are used as the prediction
targets. There are 720 domains and 1024 instances under each domain in total. For each domain, we
randomly select 800 instances as the training set which are used to obtain 720 pre-trained models.
The remaining 224 instances are used as the testing set. We randomly select 503 domains as the
in-distribution domains and the remaining 217 domains as the out-distribution domains. Under this
setting, we treat each in-distribution domain as a data provider, thus there are 503 data providers
in total. For synergistic learning, we only use the training sets and models from the in-distribution
domains. vvalid(µ, h) is set according to the mean squared error (MSE). We set training K = 10,
but testing K = 1 for verifying the performance under the extremely challenging situation. During
testing, we generate testing tasks using the testing sets from either the in-distribution domains or the
out-distribution domains. For in-distribution domains, the models used for testing consist of only

4The code is available on https://github.com/candytalking/SynLearn.
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Figure 3: t-SNE visualization of the learned metric on MNIST and CIFAR-10. (a) and (c) show the
results learned with full data. (b) and (d) show the results learned with feature pre-training and part
data. The class names for the data clusters (dot markers) are annotated. The detection models (cross
markers) have the same color to their corresponding classes (better view in color mode).

(a) In-distribution domain 1 (b) In-distribution domain 2 (c) In-distribution domain 3

(d) Out-distribution domain 1 (e) Out-distribution domain 2 (f) Out-distribution domain 3

Figure 4: Performance comparison on dSprites: the MRE score rank vs. the true performance rank
for MSE (left subfigure) and synergistic learning (right subfigure). (a-c) show in-distribution results
on three random domains, and (d-f) show out-distribution results accordingly. The subfigure titles
are the indexes of the domain factors. Please refer to Section D for more results.

in-distribution models. The out-distribution domains follow the similar rule. Figure 4 shows the
ranking performance comparison between using MSE directly on the target datasets and synergistic
learning (SynLearn). It can be observed that the synergistic learning ourperforms the naive MSE
prediction significantly: under the extreme situation where testing K = 1, MSE almost fails totally
in generating useful rankings, while synergistic learning can still perform desirably.

5.3 Cross-Dataset MRE

Finally, we use CIFAR-100 [Krizhevsky, 2009] and MiniImageNet [Vinyals et al., 2016] for cross-
dataset MRE experiments. Results on more datasets are included in Section D. We consider two
settings for experiments: Reuse CIFAR-100 pre-trained models on MiniImageNet target tasks and
the opposite. For each setting, we pre-train 200 20-class models on the source dataset, in which 100
models are used for synergistic learning and the other 100 for testing. We use head re-training as the
transfer strategy. For the target dataset, its pre-defined training set is used for synergistic learning
and its pre-defined testing set is used for testing. All training and testing tasks are fixed to be five-
way classification. For synergistic learning, we randomly generate 100 data providers, each of which
holds the data of five target dataset classes. Full training set is used for metric pre-training and 10%
of the training set is used for metric learning. For each testing task, 50 instances are sampled from
each class to test accuracy. For performance evaluation, we use Kendall’s τ -coefficient [ken] to
measure the rank correlation between the MRE scores and the testing accuracy. For emphasizing
the performance on top-performed models, we also employ the weighted version of Kendall’s τ -
coefficient, τw, for which an exchange between elements with rank r and s (starting from zero) has
weight 1/(r+1)+1/(s+1) [Vigna, 2015]. We compare synergistic learning (SynLearn) with three
state-of-the-art MRE methods: NCE [Tran et al., 2019], LEEP [Nguyen et al., 2020] and LogME
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Table 1: Results for the classification experiments. For CIFAR-100 → MiniImageNet, the input
shape is 32 × 32 × 3. For MiniImageNet → CIFAR-100, the input shape is 84 × 84 × 3. τ
and τw indicate the Kendall’s τ -coefficient and its weighted version calculated from 100 randomly
generated five-class target tasks. The results are mean±95% confidence interval calculated from five
random seeds. K indicates the number of training instances per class for each of the testing tasks.

Setting Method K = 5 K = 10 K = 15 K = 20
τ τw τ τw τ τw τ τw

MiniImageNet
→

CIFAR-100 LogME 0.139±0.070 0.180±0.187 0.200±0.079 0.359±0.231 0.243±0.056 0.420±0.217 0.255±0.042 0.418±0.270
NCE 0.197±0.020 0.393±0.129 0.300±0.015 0.568±0.097 0.365±0.015 0.645±0.076 0.397±0.008 0.661±0.057
LEEP 0.282±0.032 0.532±0.096 0.367±0.016 0.649±0.064 0.417±0.017 0.700±0.051 0.441±0.011 0.703±0.046

SynLearn 0.459±0.022 0.714±0.032 0.482±0.018 0.735±0.016 0.497±0.018 0.740±0.016 0.502±0.011 0.750±0.021

CIFAR-100
→

MiniImageNet LogME 0.166±0.044 0.312±0.176 0.244±0.083 0.413±0.164 0.288±0.087 0.478±0.163 0.310±0.078 0.479±0.189
NCE 0.173±0.009 0.382±0.105 0.257±0.020 0.496±0.054 0.306±0.014 0.556±0.081 0.345±0.017 0.585±0.076
LEEP 0.235±0.009 0.471±0.065 0.323±0.023 0.559±0.066 0.362±0.019 0.619±0.063 0.394±0.022 0.631±0.076

SynLearn 0.419±0.033 0.620±0.102 0.426±0.027 0.642±0.102 0.428±0.019 0.638±0.076 0.431±0.022 0.639±0.073

[You et al., 2021]. The results are illustrated in Table 1. It can be observed that synergistic learning
significantly outperforms other methods for small-data MRE. Note that for results in Table 1, we
fix K = 10 during synergistic learning, while we observe significantly more robust performance of
SynLearn over other approaches when the testing K varies. We conduct ablation studies to verify
the effectiveness of the attention supervision, the feature pre-training, and the choice of the training
K. The results are provided in Section D.

6 Related Work

Direct approaches for MRE. The direct approaches are based on the statistics calculated on the
target training datasets as the MRE scores. The direct approaches involve only simple statistics cal-
culation, meanwhile no auxiliary information is used, thus are usually quite simple and efficient. The
representative studies of the direct approaches are [Tran et al., 2019, Nguyen et al., 2020]. In [Tran
et al., 2019], the negative conditional entropy (NCE) score is proposed, which is an information-
theoretic quantity measuring the entropy for p(y|ŷ). In [Nguyen et al., 2020], the log expected
empirical prediction (LEEP) score is proposed, which can be regarded as an improvement of NCE.
The LEEP score also closely related to p(y|ŷ). But it uses the soft prediction probability in calcu-
lation, to take the place of the hard label assignment calculation in NCE. Thus LEEP uses more
information of prediction uncertainty. However, as shown in our experiments, both NCE and LEEP
suffer from significant performance degeneration for small-data MRE. This is not surprising since
the statistics calculated from small data usually have higher variance.

Learning approaches for MRE. The learning approaches conducts learning for MRE. Similar to
the existing specification-based approaches, the testing-stage models and tasks are used for learning.
In comparison, no testing tasks and models are necessary for synergistic learning. The representative
approaches are [You et al., 2021, Achille et al., 2019]. In [You et al., 2021], the logarithm of
maximum evidence (LogME) approach is proposed. Different from NCE and LEEP which aim at
finding the correlation between the source model predictions and the target outputs, LogME builds
the correlation between source model features and the target outputs. Training using target data
is necessary for LogME. The advantage of LogME is its wide applicability for different learning
problems. While its performance degenerates more significantly than NCE and LEEP under the
small-data scenario. This is likely caused by the necessity of learning on the target data which
would lead to stronger over-fitting. In [Achille et al., 2019], the Model2Vec approach is proposed.
Model2Vec uses metric learning to build task-model metric, which is similar to synergistic learning.
But Model2Vec focuses on generating the metric distances for a fixed set of models, thus is a learning
approach for MRE. In comparison, synergistic learning generates the task-model metric for future
MRE problems in which the models are unseen during synergistic learning.

Few-shot learning. In few-shot learning (FSL) [Vinyals et al., 2016, Ha et al., 2017, Snell et al.,
2017, Finn et al., 2017], a meta-model is learned to solve future small-data learning tasks. Usually,
FSL does not assume to use pre-trained models except for a few cases [Chowdhury et al., 2021].
For MRE, its relationship to FSL is similar to that to transfer learning: MRE can serve as a good
preparation step for any FSL task that is allowed to use a pool of pre-trained models.
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7 Limitations and Future Work

In this work, we proposed the synergistic learning approach for the small-data model reusability
evaluation (MRE) problem. In this section, we discuss the limitations of synergistic learning, as
well as possible future research directions.

The task-independent assumption. Synergistic learning is based on the assumption that the model
transferability has little relationship with the task-independent properties of the small sample. But
in real problems, bad samples indeed exist whose task-independent properties affect transfer perfor-
mance. We believe that fundamental limits exist for dealing with these samples, thus the relaxation
of this assumption is challenging. Note that Theorem 3.1 does not rely on this assumption, thus
synergistic learning can be done even when it is not held. While lacking this special property could
possibly degenerate the performance. Exploring how to tackle this challenge would be an important
future research topic.

Effectiveness on more learning scenarios. Due to the resource limitation, we only conduct exper-
iments for supervised pre-trained models. In recent years, reusing unsupervised pre-trained models
has been increasingly popular. MRE for unsupervised pre-trained models is a very meaningful topic,
on which the research is still missing as far as we know. Note that synergistic learning does not
restrict the type of pre-trained models: it can be used whenever a ground-truth MRE function is
defined. Thus it can also work for unsupervised pre-trained models in principle. We plan to ver-
ify this point in our future researches. Furthermore, in this paper, we only use image datasets for
experiments. Applying synergistic learning on application in other modalities is also interesting.

MRE in learnware. Learnware [Zhou and Tan, 2022] is a growing research topic about reusing
pre-trained models accommodated in a learnware market, which holds various machine learning
models submitted by developers all over the world, to enable future user, who knows nothing about
the models in the learnware market in advance, no need to build their own machine learning models
from scratch. One of the key ingredient of learnware is model specification, which enable the models
to be efficiently and adequately identified and reused, given the constraint that neither the training
data of model developers nor that of users are leaked to the market. Once a set of potentially helpful
learnwares have been identified for user, there can be various ways to reuse them to help address
users own task. This paper can be viewed as providing a new way to reuse the identified learnwares.
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